D C A,k,E N1/(d+2+03B5).
Here, the constant CA,k,03B5 is effectively computable in terms of e, [k : Q], and the height of the equations defining A. (See also [3] ).
Using the theory of l -adic Galois representations, Serre can show (with notation as above):
THEOREM (Serre [5] The proof of (1. 2) essentially appears in [9] (proof of Proposition 7.3), where only a weaker result was explicitly stated, namely:
(with an explicit positive constant Cd depending only on d). Also, in [9] we had ni = 1 for i = 1,..., m. (a) 03B8(a) 03BF 03BE = 03BE 03BF 03A8(a) for every a E Z, (b) u(ax) = 03A8(a)u(x) for every a E Z and x E WR , (c) U(x, y) = E(u(x), u(y)) for every x .. , ts, and an admissible polarization C for (A, 0) there always exist -3, U, VI' ..., vs so that (A, C, 03B8, t1, ... , ts ) is of type (Z, 03A8, , U, v1, ..., vs ) (see [6] ). The corollary follows directly from the theorem. The special case of full complex multiplication is stated in [7] . Proof. Apply the estimates: 0(n) » n/log log (n), and (4.9) v(n) « log (n)/log log (n) (4.10) (see [4] for the explicit constants). (4.4) ). Proof. Let C be an admissible polarization for (A, 0) which is defined over k (such a C exists by an argument analogous to that on pp. 128-9 of [2] ). Then (A, C, 0, t) is defined over k(t), and so k(t) contains the field of moduli of (A, C, 0, t). Thus Proo, f : Parts (c), (d), and (e) are elementary computations following from (a) and (b), while (f ) follows from the fact that whenever A is an abelian variety of dimension d defined over a number field k, and M is the maximum order of a torsion point of A(k), then lA (k)torsion | m2d.
